
921.e.

V = (2x 2 - 2y2 + 3xy )
D
ÚÚ dxdy

D är fyrhörningen med hörnen 
(0,1),(1,3),(2,0) och (3,2).
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Integranden 2x2 - 2y2 + 3xy = (2x - y)(x + 2y).
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921.g.

V =
1
x2 ln y

xD
ÚÚ dxdy

D = (x,y):1 £ x + y £ 2,  1£
y
x

£ 2Ï 
Ì 
Ó 

¸ 
˝ 
˛ 

u = x + y

v =
y
x

Ï 
Ì 
Ó 

  d(u, v)
d(x, y)

=

∂u
∂x

∂u
∂y

∂v
∂x

∂v
∂y

Ê 

Ë 

Á 
Á 

ˆ 

¯ 

˜ 
˜ 

=
1 1

-y
x 2

1
x

Ê 

Ë 
Á 

ˆ 

¯ 
˜ 



dxdy =  det (d(x,y)
d(u, v)

)  dudv =
dudv

 det( d(u, v)
d(x, y)

) 
=

dudv
x + y
x 2

Duv = (u, v):1£ u £ 2,  1 £ v £ 2{ }

1
x 2 dxdy =

dudv
u



V = ln v
D uv

ÚÚ
dudv

u
=

du
uu=1

2

Ú ln vdv
v =1

2

Ú

V = ln 2{ } v ln v[ ]v =1
2

- dv
v =1

2

Ú
Ï 
Ì 
Ó 

¸ 
˝ 
˛ 

= ln 2(2ln 2 - 1)



921.j.

V = x2 1- x 4y 4
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D = (x,y):xy <1,  0 < y < x < 2y{ }
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921.k.
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K uvw = (u, v,w):1 £ u £ 2,  1£ v £ 2,1 £ w £ 2{ }
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921.å.

M = x2 + y2 - z2( )
K

ÚÚÚ dxdydz

K = (x,y,z ): x2 + y2 + z 2 £1{ }
x = rsinq cosj
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z = rcosq

Ï 

Ì 
Ô 

Ó Ô 
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